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Abstract
Empirical evidence suggests that working memory (WM) is closely related to arithmetic performance. WM, which is the ability to monitor
and update recent information, underlies various cognitive processes and behaviors including planning, self-regulation, and self-control.
However, only a few studies have examined whether WM uniquely explains variance in arithmetic performance when other WM-related
domain-general factors are taken into account. In this study, we examined whether WM explains unique variance in arithmetic performance
when planning, self-regulation, and self-control are considered as well. We used the Tower of London task as a measure of planning, selfrated reports as a measure of self-regulation and self-control, and WM measures, to test which of these domain-general functions predicts
complex multiplication performance. Results showed that planning predicted multiplication accuracy and self-control predicted response
time, while WM and self-regulation did not predict complex multiplication performance. Although WM was not a direct predictor of
multiplication performance, it possibly exerted its influence as part of planning ability. We suggest that complex multiplication is not
predicted by WM per se, but rather by WM-related general cognitive and behavioral factors, namely self-control and the planning
component of executive functions.
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People use numerical skills in their everyday life in various situations such as shopping or paying bills at
restaurants. About 20% of adults do not achieve basic levels of mathematic competence required for these life
skills (Williams, 2003). This mathematical incompetence leads to lower income and less financial security in life
(Butterworth, Varma, & Laurillard, 2011; Parsons & Bynner, 2005). Therefore, it is worthwhile to examine the
factors that can lead to this incompetence. Two groups of factors that influence mathematical skills have been
described in the literature. One group consists of domain-specific factors, such as the approximate number
system (e.g., Libertus, Feigenson, & Halberda, 2011; for review see Dietrich, Huber, & Nuerk, 2015) or spatialnumerical associations (e.g., Siegler & Opfer, 2003; but see Cipora et al., 2016). The second group consists of
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domain-general factors such as social (e.g., Byrnes & Wasik, 2009), behavioral (e.g., McClelland et al., 2007),
and cognitive factors (e.g., Bull, Espy, & Wiebe, 2008; Bull & Scerif, 2001).
Various domain-general cognitive abilities have been reported to influence complex arithmetic performance.
One category of such abilities is executive functions (EF), which include three core cognitive processes:
inhibition, shifting, and working memory (WM; Miyake et al., 2000). There is strong evidence for the contribution
of EF to mathematical performance (e.g., Agostino, Johnson, & Pascual-Leone, 2010; Blair & Razza, 2007;
Clark, Pritchard, & Woodward, 2010; Cragg & Gilmore, 2014; Gathercole, Pickering, Knight, & Stegmann,
2004; Lee, Ng, & Ng, 2009). The component of EF most frequently associated with complex mathematics is
WM, which is a system of storage and manipulation of recent visuospatial and verbal information (Baddeley,
2012; Baddeley & Hitch, 1974). Previous studies have repeatedly shown that WM is strongly related to different
mathematical skills (e.g., Cragg & Gilmore, 2014; De Smedt et al., 2009; Friso-van den Bos, van der Ven,
Kroesbergen, & van Luit, 2013; Han, Yang, Lin, & Yen, 2016; Raghubar, Barnes, & Hecht, 2010; Swanson,
Jerman, & Zheng, 2008; Szücs, Devine, Soltesz, Nobes, & Gabriel, 2013; Van der Ven, Kroesbergen, Boom, &
Leseman, 2012).
WM contributes to basic arithmetic skills (i.e., addition, subtraction, multiplication, division) because these
computations require concurrent storage and processing of digits (e.g., Peng, Namkung, Barnes, & Sun, 2016;
Raghubar et al., 2010; Swanson & Jerman, 2006). However, WM is differentially related to performance on
different types of arithmetic tasks. For example, it has been shown that WM capacity affects both addition and
subtraction problem solving through its influence on the ability to retrieve answers from long-term memory
(Barrouillet & Lépine, 2005; Barrouillet, Mignon, & Thevenot, 2008; but see Fayol & Thevenot, 2012, for
alternative accounts of addition problem solving). However, in multiplication problem solving, it has been
suggested that WM is involved in retrieval strategies as well as computation processing (Mabbott & Bisanz,
2003; Seitz & Schumann-Hengsteler, 2000) with an increasing load of WM for complex problems solved via
non-retrieval strategies (Tronsky, 2005). Moreover, research indicates that specific domains of WM (e.g., verbal
WM and visuospatial WM) may be differentially associated with different types of arithmetic skills (Lee & Kang,
2002). For instance, neuroimaging findings revealed that addition and subtraction problem solving are more
associated with visuospatial WM than simple multiplication problem solving, whereas multiplication relies more
on retrieval strategies than manipulation of visual Arabic digits (e.g., Zhou et al., 2007). Further studies,
however, did not replicate this finding, pointing out limitations and methodological problems with the previous
studies (Cavdaroglu & Knops, 2016; Imbo & LeFevre, 2010). As for instance, Cavdaroglu and Knops (2016)
suggested that multiplication and subtraction depend on both verbal and visuospatial domains of WM when the
difficulty of WM measures and calculation tasks are controlled within and across participants.
Further research suggests that the contribution of different domains of WM to arithmetic skills is influenced not
only by the type of problems or domains of WM but also by an individual’s age (Menon, 2016). For example,
there is some evidence that the contributions of different domains of WM to mathematical performance change
dynamically during development, and that visuospatial WM plays an increasing role in improving mathematical
skills (e.g., Menon, 2016; Meyer, Salimpoor, Wu, Geary, & Menon, 2010; Soltanlou, Pixner, & Nuerk, 2015). In
sum, each domain of WM seems to affect distinct arithmetic operations differently at various developmental
stages.
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However, most of these studies investigated WM as the only domain-general factor predicting arithmetic
performance and may, therefore, be misleading because WM is also associated with other EFs such as
inhibition and planning (e.g., Hasher, Zacks, & May, 1999; Oberauer, 2001; see also a computational model of
frontal lobe dysfunction for relation between WM and planning; Goela, Pullara, & Grafman, 2001). Planning is
described as the ability which contributes to problem solving (Newell & Simon, 1972; Simon, 1978). It has been
shown that planning is associated with better math problem solving in children (e.g., Clark et al., 2010; Kirby &
Ashman, 1984). Poor planning skills are related to failure to organize mathematical problem solving in children,
that is, difficulty in analyzing the demands of the problem and using the best procedures to solve it (Naglieri &
Johnson, 2000). In addition, improving planning skills has been found to play a beneficial role in interventions
for children with poor arithmetic skills (e.g., Naglieri & Johnson, 2000). Hence, it has been suggested that
planning is crucial for successful mathematical performance and is linked to cognitive strategies used in
mathematical computations (Das, Naglieri, & Kirby, 1994). In spite of the important role of planning in arithmetic
computations in the few available studies, studies on the relationship between planning skills and arithmetic
computations especially in adults are scarce.
Solving complex multiplication tasks that requires different sequences of computations and cognitive processes
likely involves planning skills, for instance, organizing the best strategies step by step to solve the problem.
Accordingly, we focused on planning ability as well as WM, because it has been suggested that planning is one
of the essential skills for mathematical computations (e.g., Kirby & Ashman, 1984; Sikora, Haley, Edwards, &
Butler, 2002). Planning also relies on WM (e.g., Albert & Steinberg, 2011; Goela et al., 2001; Köstering, Stahl,
Leonhart, Weiller, & Kaller, 2014; Zelazo, Carter, Reznick, & Frye, 1997) to maintain and revise sequences of
plans (Gilhooly, 2005). Therefore, we aimed at examining the impact of WM and planning on solving complex
multiplication tasks. In the current study, we used the Tower of London (TOL) task to operationalize planning.
The TOL is a common instrument for measuring planning skills in cognitive and clinical studies (Kaller, Rahm,
Köstering, & Unterrainer, 2011) and similar to WM, it is known to critically rely on the activity of the prefrontal
cortex (for a review see Unterrainer & Owen, 2006). Furthermore, aside from cognitive domain-general factors,
few studies have indicated a plausible contribution of behavioral domain-general factors to arithmetic
performance (see also Cragg & Gilmore, 2014).
Therefore, in addition to cognitive components, we assessed self-reported self-regulation and self-control as
two behavioral factors closely related to cognitive EF factors (Hofmann, Schmeichel, & Baddeley, 2012) that
may influence arithmetic performance. Self-regulation can be defined as the ability to control emotions,
thoughts, and behaviors (Best & Miller, 2010). An important aspect of self-regulation is goal-directed behavior
(Hofmann et al., 2012), as for instance, making an appropriate decision to achieve a previously self-determined
goal, by considering different opportunities and acting according to their consequences (McClelland, Geldhof,
Cameron, & Wanless, 2015). Self-control as a subset of self-regulation serves more as an active attempt to
resist temptations, and is related to overriding unwanted, impulsive responses (Baumeister, 2002; Diamond,
2013). For instance, self-control may be required to resist eating a high-calorie desert while on a diet or to
suppress unwanted, distracting thoughts while solving math problems. Another aspect of self-control is to have
the discipline to not give up a task despite tempting action opportunities (Diamond, 2013; Duckworth, Peterson,
Matthews, & Kelly, 2007). This perseverance is important because achieving difficult long-term goals, such a
future educational success, requires maintaining effort and interest over time (Duckworth et al., 2007).
Completing a difficult time-consuming task such as a complex math task may also depend on discipline and
perseverance to some extent.
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Previous studies have indicated that both self-regulation and self-control can predict mathematical performance
in children (e.g., Blair & Razza, 2007; Gawrilow, Gollwitzer, & Oettingen, 2011). However, studies on the
relationship between self-regulation, self-control, and arithmetic performance are rather scarce. The few
existing studies indicate that self-regulation and self-control may contribute to mathematical performance by
blocking out distracting information (e.g., Gawrilow et al., 2011; Passolunghi & Siegel, 2001) and through their
relations to various components of EF such as inhibition or WM (e.g., Best & Miller, 2010; Hofmann, Friese,
Schmeichel, & Baddeley, 2011; McClelland & Cameron, 2012; McClelland et al., 2007). Previous studies have
shown that WM is related to self-regulation and self-control (Hofmann et al., 2011), as for instance, selfregulation involves WM in representing goals and updating goal-related information (Kane, Bleckley, Conway, &
Engle, 2001; Miller & Cohen, 2001). In support of the influence of WM on self-control, previous research has
shown that individuals with higher WM capacity are more able to resist visual distractors in various visual tasks
than individuals with less WM capacity (e.g., Kane et al., 2001; Unsworth, Schrock, & Engle, 2004). Therefore,
an assumption underlying the use of these behavioral ratings (i.e., self-regulation and self-control) is that they
are measuring behaviors that are related to both arithmetic performance and WM. Accordingly, we aimed to
test whether WM explains unique variance when these WM-related behavioral components (i.e., self-regulation
and self-control) are considered.
In the present study, we assessed complex multiplication because it requires a variety of cognitive skills (Han et
al., 2016). For instance, WM is necessary for maintaining and updating information and step-by-step planning,
and self-regulation and self-control are needed for ignoring distractions such as intrusive thoughts. In addition,
previous studies that examined domain-general factors contributing to simple multiplication performance
identified WM as the most relevant cognitive process (e.g., Han et al., 2016; Soltanlou et al., 2015), but little is
known about the role of other domain-general cognitive demands in complex multiplication problem solving.
Therefore, we aimed to investigate whether any of these domain-general factors can predict complex
multiplication performance better than WM.
Furthermore, we investigated the operand-relatedness effect, which has been mostly implicated in simple
multiplication. Operand-relatedness within multiplication refers to the solution belonging to another problem,
mainly the neighbors of the correct solution in the multiplication table (e.g., 3 × 7 = 24). Studies have shown
that this effect leads to slower response times and more errors in simple multiplication (e.g., Campbell &
Graham, 1985; Cooney, Swanson, & Ladd, 1988; Stazyk, Ashcraft, & Hamann, 1982). Theoretical models of
multiplication processing such as network retrieval (Ashcraft, 1982), distribution of association (Siegler, 1988),
and network interference (Campbell, 1987) interpreted this effect within the framework of a network of nodes
comprising the solutions of problems belonging to the multiplication table, which are related to each other.
Therefore, we aimed to extend the operand-relatedness effect that previously has been shown in simple
multiplication to complex multiplication in the current study.
In sum, in the present study, we investigated the relation of the aforementioned domain-general factors to
complex multiplication problem solving to determine which one is the best predictor of complex multiplication
performance in adults, and to test whether any of these domain-general factors can predict complex
multiplication performance better than WM. Regarding the operand-relatedness effect, we hypothesized that
although we usually do not learn complex multiplication from a table, due to step-by-step computations (i.e.,
first multiplying unit to unit, following to multiplication table, then unit to decade), the operand-relatedness effect
may exist in complex multiplication.
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To examine our hypotheses, we employed computerized tasks to measure cognitive factors (i.e., WM and
planning) and online questionnaires to assess behavioral factors (i.e., self-regulation and self-control).
Furthermore, participants performed computerized complex multiplication task in our laboratory.

Method
Participants
Forty undergraduate students (33 females, age: M = 20.95 years, SD = 1.08) of a German University
participated in this study. All participants received detailed information about the study and then gave written
informed consent to participate in the study. They received either course credits or eight Euro per hour. Detailed
sample characteristics are provided in Appendix A. All data were collected pseudonymised (i.e., not labeled by
name) using personal codes.

Measures
Working Memory (WM)
To assess WM, we used visuospatial WM tasks (i.e., N-Back and Corsi block-tapping) because they have been
shown to have strong relations with multiplication performance (e.g., Han et al., 2016; Soltanlou et al., 2015).
N-Back — The N-Back task had a spatial 2-Back design, where in each trial one of the following capital letters:
B, F, K, H, M, Q, R, X, (Kane, Conway, Miura, & Colflesh, 2007) plus L and S was presented in the left or right
field of a two-split grid frame on the screen. Participants were instructed to press a green button (i.e., L on a
German keyboard) if the presented letter and its position in the two-grid frame matched the one presented two
trials before (2-Back), and to press the red button (i.e., A on a German keyboard) if it did not match. The
response keys were counterbalanced across participants. Each two-split grid with a letter was presented for
1000 ms and then disappeared from the screen. Response duration was 3000 ms from the time that two-split
grid was presented. The inter-stimulus interval was 1000 ms. The task began with 10 practice trials, followed by
320 test trials. The target condition (the condition in which the presented letter and its position match the
condition presented two trials before) constituted 30% of all trials.
Corsi Block-Tapping — The computerized version of the Corsi block-tapping task was used (Corsi, 1973),
chosen from the Psychology Experiment Building Language test battery (PEBL; Mueller, 2013). The test
consisted of nine black 1/4-inch cubes distributed over a gray screen. On any given trial, some of the cubes lit
up in a particular sequence, starting with three lighted-cubes sequence. There were two trials for each
sequence. The sequence was increased by one when at least one of two trials of the same sequence was
recalled correctly. Otherwise, the test was stopped and the maximum length of sequences with at least one
correct recall was calculated as the score. In the forward recall, participants were asked to use the cursor to tap
the cubes in the same order as they had lit, while in the backward recall, the procedure was the same in
reversed order. A maximum of 18 test trials was presented.
Planning
Tower of London (TOL) — The computerized version (Kaller et al., 2011) of the TOL task (Shallice, 1982) was
used in the present study to assess planning. Participants were instructed to solve a set of TOL problems
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(Kaller et al., 2011) which consisted of 28 trials of three-, four-, five-, and six-move problems (eight trials each
except four trials for the three-move problem) presented in fixed order. The test contained two boards
(reference and test). Each board had three pegs and three balls with three different colors: blue, yellow and
red. Participants were asked to move the balls on the test board in order to make the arrangement of the balls
identical to the patterns on the reference board shown on top of the screen. Participants were instructed to plan
how to move the balls before starting to move them and to use the minimum number of moves to solve the
problems. The accuracy score was calculated as the number of problems solved correctly in the minimum
number of moves within the time limit divided by the total number of problems.
Complex Multiplication
In total, 48 complex multiplication problems (Appendix B) along with their solutions were presented in a
computerized verification task. The computerized complex multiplication task was created with PsychoPy
software (Peirce, 2009). The multiplication problems consisted of a one-digit operand (range: 2-9) times a twodigit operand (range: 13-19), with two-digit solutions (range: 48-98). Presented solutions consisted of correct
(50%) and incorrect (50%) solutions. Half of the incorrect solutions were operand-related solutions and the
other half were operand-unrelated solutions. Operand-related solutions differed from the correct solution by ±1
to one of the operands. Therefore, they were neighbors of the correct solution in the multiplication table.
Operand-unrelated solutions were not from the multiplication table. The operand-related solutions were
matched by distance difference to the correct solutions and parity with operand-unrelated solutions. The
experiment started with 8 practice trials. Multiplication problems along with solutions were presented at the
same time in the center of the screen in the form of x × xx = xx in half of the trials, and in the form of xx × x = xx
in the other half. The order of small and large operand within the trials was counterbalanced. Trials were
presented to participants in a fixed order. Each trial started with a fixation point of 500 ms, followed by a blank
screen for 500 ms. Then a multiplication problem along with a solution (e.g., 4 x 19 = 76) was presented until a
response was made or a limited time of 6000 ms passed. Participants were asked to respond by pressing a
green key (L in German keyboard) when the solution was correct and a red key (A in German keyboard) when
the solution was incorrect. The response keys were counterbalanced across participants. After response or no
response in given time (6000 ms), the presented problem disappeared and 1000 ms later next trial began. No
feedback was provided.
Self-Regulation and Self-Control
German short versions of the Conners’ adult attention-deficit/hyperactivity disorder (ADHD) Rating Scale
(sample item: “I am easily bored”; CAARS; Conners, Erhardt, & Sparrow, 1999), and of the Brief Self-control
Scale (sample item: “I wish I had more self-discipline”; Bertrams & Dickhäuser, 2009; Tangney, Baumeister, &
Boone, 2004) were used to assess self-regulation and self-control, respectively. We used ADHD rating scales
for measuring self-regulation, because a deficit in self-regulation is one of the major behavioral problems in
ADHD (Barkley, 1997). In addition, attention plays a significant role in self-regulation (e.g., Norman and
Shallice’s Supervisory Attention System; Norman & Shallice, 1986). The online questionnaire was created with
SoSci Survey (Leiner, 2014) for both of our behavioral ratings (i.e., Brief Self-control Scale and CAARS).

Procedure
This study was part of a larger project which aimed to investigate the effect of self-regulatory training on
mathematical performance. First, an online questionnaire consisting of items for assessing demographic
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information, self-regulation, and self-control, was sent via email to each participant. After responding to the
online questionnaire, participants were invited to our laboratory to perform computerized tasks in individual
sessions. Subsequently, WM, planning, and multiplication performance were assessed using computerized
tasks in the lab. Each task lasted approximately 10-15 min. Half of the participants completed the domaingeneral cognitive tasks first, and the other half completed the multiplication task first. Written detailed
instructions emphasizing both speed and accuracy were presented before each task.

Analysis
Response times (RTs) of participants in complex multiplication task were measured by key-press, and defined
by the time interval between the presentation of the problems and the response. Only RTs for correct
responses were included in the analyses. Furthermore, RTs shorter than 200 ms were not considered. In a
second step, RTs outside of the interval of ±3 SD around the individual mean were excluded repetitively until no
more outliers remained (for the same procedure see Nuerk, Weger, & Willmes, 2001, and follow-up articles).
Therefore, about 0.11% of the responses were not considered for further analyses. Moreover, four trials (with
the same components but different correct and incorrect solutions) were excluded because they were
presented with wrong solutions in the task.
In order to find the relation between domain-general factors and multiplication performance, a bivariate
correlation was calculated. Moreover, to uncover which domain-general factors predict multiplication
performance in adults, two separated stepwise regression analyses were conducted on mean RTs and error
rates. It should be noted that prior to regression analysis, the WM variables were aggregated by adding zscores of Corsi block-tapping task and z-scores of N-back task accuracy to guarantee adequate statistical
power of the model by reducing the number of predictors. The same procedure was conducted with WM nonaggregated measures to provide full insight into the non-aggregated WM measures. Furthermore, there was a
statistically significant correlation between WM tasks (see Table 1), as they all assessed visuospatial WM. Full
information on separate contributions of the single WM tasks to multiplication performance can be found in
Table 3. Due to the strong correlation between TOL task and WM measures, an additional mediation analysis
was conducted to test whether the variance explained by WM in multiplication errors was included in the TOL
task. Finally, the operand-relatedness effect was calculated by using paired t-test between operand-related and
operand-unrelated conditions.

Results
Relation Between Multiplication Performance and Domain-General Factors
Descriptive Statistics and Correlation Analysis
Descriptive statistics for all study variables are provided in Table 1 along with the correlation matrix.
Furthermore, the analysis of ceiling and floor effect for all variables revealed a ceiling effect in the N-Back task
(Appendix C). Multiplication error rate was significantly negatively correlated with TOL accuracy (r = -.43, p = .
003), and there was a significant negative correlation between multiplication RT and self-control (r = -.34, p = .
015; see Table 1). Moreover, several significant correlations were observed within domain-general factors. TOL
accuracy showed a significant correlation with self-control (r = -.45, p = .002) and WM aggregated measures (r
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= .50, p = .001). There was a significant correlation between self-regulation and N-Back accuracy (r = .28, p = .
042). Moreover, significant correlations were found between three WM tasks and between planning accuracy
and WM tasks (Table 1).
Table 1
Descriptive Statistics and Correlations Between Domain-General Factors and Multiplication Performance
Variable

M

SD

1

1. Multiplication Error (%)

0.18

0.11

2. Multiplication RT (ms)

3.10

0.56

.27*

3. Self-Regulation

13.62

5.57

-.17

-.00

4. Self-Control

41.42

8.74

.04

-.34*

5. N-Back Accuracy

0.87

0.09

-.30*

-.16

.28*

.04

6. Corsi-Block Forward

5.50

0.65

-.27*

-.05

.22

-.18

.35*

7. Corsi-Block Backward

6.05

0.81

-.18

.15

.22

-.20

.31*

.47**

-

8. TOL Accuracy

0.73

0.13

-.43**

.13

.23

-.45**

.53**

.36*

.25

0.00

5.27

-.33*

-.03

.31

-.15

a

9. WM

2

3

4

5

6

7

8

-.17

.50**

Note. N = 40.
a
WM = aggregated WM tasks including Corsi Block-Tapping Forward, Corsi Block-Tapping Backward, and N-Back Accuracy. Ranged
between -5.65 and 5.11.
*p < .05. **p < .01, one-tailed.

Regression Analysis
Stepwise multiple regression analysis was conducted to test whether self-regulation, self-control, WM, and TOL
accuracy significantly predict participants' performance in the multiplication task. Two series of stepwise
regression analyses were separately conducted for multiplication error rate and RT as dependent variables.
The stepwise model of total error rate, R2 = 0.18, adjusted R2 = 0.16, F(1, 38) = 8.59, p = .006, showed only
TOL accuracy as a significant predictor (p = .006), while the other predictors failed to explain significant
amounts of additional variance (Table 2). The stepwise model of total RT, R2 = 0.12, adjusted R2 = 0.09, F(1,
38) = 5.11, p = .029, identified only self-control ratings as a significant predictor (p = .029), while the other
predictors failed to explain significant amounts of additional variance (Table 2). Furthermore, the results of
multiple regression analyses with non-aggregated WM tasks as predictors were largely consistent with
aggregated WM tasks and are presented in Table 3.

Journal of Numerical Cognition
2017, Vol. 3(2), 441–467
doi:10.5964/jnc.v3i2.61

Nemati, Schmid, Soltanlou et al.

449

Table 2
Stepwise Multiple Regression Analysis Predicting Complex Multiplication Performance From TOL Accuracy, Self-Regulation, Self-Control,
and WM
Dependent variable

Predictor

Total errors (%)

TOL Accuracy

Excluded variable

t

p

-0.35

-2.93

.01*

Self-Regulation

-0.08

-0.52

.60

Self-Control

-0.19

-1.15

.26

-0.15

-0.90

.37

-0.02

-2.26

.03*

Self-Regulation

-0.06

-0.41

.69

WM

-0.08

-0.52

.61

TOL Accuracy

-0.03

-0.20

.84

a

WM
RT (ms)

B

Self-Control

Standardized B
-0.43

-0.34

Note. N = 40.
a
WM = aggregated WM tasks including Corsi block-tapping forward, Corsi block-tapping backward and N-Back accuracy.
*p < .05.

Table 3
Stepwise Multiple Regression Analysis Predicting Complex Multiplication Performance From TOL Accuracy, Self-Regulation, Self-Control,
and Non-Aggregated WM Tasks
Dependent variable

Predictor

Total errors (%)

TOL Accuracy

RT (ms)

Excluded variable

B

t

p

-0.35

-2.93

.01*

Self-Regulation

-0.08

-0.52

.60

Self-Control

-0.19

-1.15

.26

Corsi Block Forward

-0.13

-0.83

.41

Corsi Block Backward

-0.08

-0.52

.60

N-Back Accuracy

-0.10

-0.60

.55

-0.02

-2.26

.03*

Self-Regulation

-0.06

-0.41

.69

Corsi Block Forward

-0.11

-0.73

.47

Self-Control

Corsi Block Backward

-0.08

0.51

.61

N-Back Accuracy

-0.15

-0.96

.34

TOL Accuracy

-0.03

-0.20

.84

Standardized B
-0.43

-0.34

Note. N = 40.
*p < .05.

Mediation Analysis
Mediation analyses were conducted following the guidelines by Baron and Kenny (1986) to test whether
planning accuracy (measured by TOL) is a mediator in the relationship between WM and multiplication
performance. Thus, TOL accuracy might predict multiplication errors, and WM may predict multiplication errors
indirectly through TOL accuracy because WM measures and TOL accuracy were strongly correlated (Table 1).
If WM predicts TOL accuracy, which in turn predicts multiplication errors, regression analyses may not be the
appropriate model to use. The direct influence of WM on multiplication errors would not explain variance,
because this variance would already be accounted for by the planning variable (influenced itself by WM). We
tested this assumption with both the aggregated (Figure 1) and the non-aggregated WM measures (Figure 2).
The effect of aggregated WM on multiplication errors without controlling for TOL accuracy was significantly
negative, (b = -0.02, p = .039; Path c, see Figure 1 and Appendix D). However, when TOL accuracy was
Journal of Numerical Cognition
2017, Vol. 3(2), 441–467
doi:10.5964/jnc.v3i2.61

Domain-General Factors and Arithmetic Performance

450

entered into the model the direct effect of WM on multiplication errors was reduced and no longer significant
(b = -0.01, p = .357; Path c´, see Figure 1). Instead, WM influenced TOL accuracy significantly (b = 0.03, p = .
001; Path a, see Figure 1), which in turn influenced multiplication errors significantly (b = -0.29, p = .032; Path
b, see Figure 1 and Appendix D). The one-tailed Sobel test confirmed that there is a significant indirect effect of
WM on multiplication error through TOL accuracy (b = -0.01, p = .030). Therefore, the mediation model
supported the assumption that TOL accuracy mediates the effect of aggregated WM measures on multiplication
errors (Figure 1).

Figure 1. Mediation model being tested on the basis of Baron and Kenny (1986). Path c tested the relationship (left
diagram) between the independent variable and the dependent variable without controlling for TOL Accuracy, path a tested
the relationship (right diagram) between the mediator and the independent variable and path c´ tested the direct relationship
between the independent variable and the dependent variable when controlling for TOL Accuracy. Multiplication Error =
dependent variable, WM = independent variable (aggregated WM measures), TOL Accuracy = mediator (planning
accuracy).
*p < .05. **p < .01.

The effects of non-aggregated WM measures on multiplication errors without controlling for TOL accuracy were
not significant (Path c, d, e; see Figure 2 and Appendix D). When TOL accuracy was entered into the model,
the already insignificant direct effects of non-aggregated WM measures on multiplication errors were further
reduced (Path c´´, d´´, e´´; see Figure 2). However, TOL accuracy influenced multiplication errors significantly
(b = -0.28, p = .032; Path b, see Figure 2 and Appendix D). The effects of Corsi-Block forward (b = -0.02, Path
d´´) and Corsi-Block backward (b = -0.00, Path e´´) on multiplication error with controlling for TOL accuracy
were not significant. However, the results of a one-tailed Sobel test confirmed a significant indirect effect of NBack accuracy on multiplication error through TOL accuracy (b = -0.18, p = .041). In sum, the mediation
analysis with non-aggregated WM measures suggests that TOL accuracy partially mediates the effect of nonaggregated WM measures on multiplication errors (Figure 2) and N-Back accuracy explains most variance in
the indirect path between WM measures and multiplication errors.
Furthermore, additional mediation analyses were conducted to test the extent to which the relationship between
TOL accuracy and multiplication error is mediated by WM measures and to explore the common and specific
multiplication accuracy variance predicted by TOL and WM measures (Appendix E). The results showed that
WM (both aggregated and non-aggregated) partially mediated the effect of TOL accuracy on multiplication
errors (Appendix E). However, the results of the Sobel test indicated a non-significant indirect effect of TOL
accuracy on multiplication error through aggregated WM measures (b = -0.06, p = .401) and non-aggregated
WM measures (N-Back Accuracy, b = -.03, p = .695; Corsi-Block Forward, b = -0.03, p = .590; Corsi-Block
Backward, b = -0.00, p = .918).
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Figure 2. Path analysis model tested the mediator role of TOL accuracy in the direct (i) and indirect (ii) relationships
between the independent variables (non-aggregated WM measures) and the dependent variable (multiplication errors).
Multiplication Error = dependent variable; N-Back = independent variable; Corsi-Block Forward = independent variable;
Corsi-Block Backward = independent variable; TOL Accuracy = mediator (planning accuracy).
*p < .05. **p < .01.

Comparison of Operand-Related and Operand-Unrelated
The operand-relatedness effect in multiplication was replicated in this study by using paired t-tests between
operand-related and operand-unrelated conditions. Participants made significantly fewer errors in the operandunrelated condition (M = .12; SD = .12) than the operand-related condition (M = .20; SD = .10), t(39) = 3.96, p
< .001. Furthermore, participants were significantly faster in the operand-unrelated condition (M = 2.88; SD = .
64) than the operand-related condition (M = 3.14; SD = .60), t(39) = 4.25, p < .001. However, no domaingeneral cognitive factor significantly predicted variance for the operand-relatedness effect.

Discussion
The present study investigated the role of domain-general factors including WM, planning, self-regulation, and
self-control abilities in complex multiplication performance in adults. Consistent with previous studies in children
(e.g., Bull et al., 2008; Bull & Lee, 2014; Clark et al., 2010; Von Aster & Shalev, 2007), our overall findings
indicate that domain-general factors support mathematical performance in adults.

The Role of WM and Planning as Cognitive Factors in Multiplication Performance
Although most previous studies emphasized the major role of WM in multiplication performance (e.g., Soltanlou
et al., 2015), interestingly we found a dominant influence of domain-general planning on complex multiplication
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problem-solving in adults. Moreover, the results of regression analysis with non-aggregated WM measures
were largely consistent with aggregated WM measures. Therefore, WM in both aggregated and nonaggregated analyses failed to directly account for complex multiplication performance, probably because WM
exerted its influence indirectly via TOL performance, as TOL is strongly associated with the WM measures
(Table 1). Indeed, the results of mediation analyses showed that this was the case (Figure 1). Both the
aggregated WM measures (Figure 1) as well as the N-Back measure in the non-aggregated analysis (Figure 2)
predicted planning performance, which in turn predicted multiplication performance. The non-significant effect
of WM on multiplication performance can thus not be interpreted such that WM is not important for
multiplication performance. Instead, it seems that WM continues to influence multiplication performance, but
indirectly as part of planning. However, in a longitudinal study by Bull and colleagues (2008) on arithmetic
performance in pre-school and primary school children, WM measures predicted the variance in arithmetic
performance despite the effect of the TOL task. The finding of our study is partially in line with this longitudinal
study, which reported a predictive role of planning, memory, and inhibition in mathematical problem solving (Bull
et al., 2008). The authors reported visuospatial short-term memory and verbal WM as the best predictors, and
then planning as a better predictor than inhibition. Therefore, in accordance with our study, planning predicts
arithmetic variance, but in contrast to our results, WM also predicts unique variance in Bull and colleagues
(2008). One reason might be the effect of age; we tested adults, while Bull and colleagues (2008) tested
children. Age effects on cognitive components predicting multiplication performance have already been shown
in previous studies, even with small age changes such as one school year (e.g., Soltanlou et al., 2015).
Therefore, the predictors of arithmetic performance in children and adults may differ.
The other reason for the differences between the study by Bull and colleagues (2008) and our study might be
the type of problems. Bull and colleagues (2008) used simple math tasks for pre-school children, but we used
complex multiplication task in the current study to measure complex arithmetic computations. Multi-digit
multiplication requires sequential planning and processing (mostly unit × unit, then unit × decade, and then in
the case of carrying, adding the decade of first calculation to the second). This complexity might result in
stronger associations with complex tasks - in this case, complex multiplication - that require different cognitive
processes simultaneously. Therefore, this study shows that planning, as a more complex cognitive factor, is a
better predictor of complex arithmetic performances in adults. This account is also consistent with the
theoretical idea that planning has a multi-componential nature in adults including different skills, particularly
visuospatial WM (e.g., Albert & Steinberg, 2011; Köstering et al., 2014). It is also in line with a recent study by
Han and colleagues (2016), which found that even within updating WM tasks, the more complex task was a
better predictor of complex multiplication performance in adults. In sum, on the basis of this new literature, the
important influence of planning on complex multiplication and the disappearance of unique WM variance when
planning is considered can be reconciled with the more recent studies and theories on the topic.
Finally, there might be a methodological reason for the differences between the study by Bull and colleagues
(2008) and our study. Although the N-Back task was the only significant predictor in our mediation analysis, the
performance of our participants indicated a ceiling effect, as they made few errors (Appendix C). It is
conceivable that when a more difficult version of the N-Back task is used in future studies, there may be more
variance, leading not only to an indirect contribution of WM via planning, but also to a direct contribution.
In summary, on the basis of the current data, we can be confident that planning plays a major role in predicting
complex multiplication performance, and that WM exerts influence on complex multiplication performance
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indirectly via planning. However, what requires further investigation is whether WM explains the unique
variance of complex multiplication performance in addition to the indirect influences exerted via planning. In our
data, this is not the case, but it remains possible for other WM tasks.

The Role of Self-Regulation and Self-Control as Behavioral Factors in Multiplication
Performance
Regarding multiplication RT, self-control was the only significant predictor: more self-control was associated
with faster responses. One reason could be that procedural arithmetic computations (i.e., step-by-step
computation during arithmetic problem solving) require concentrating and ignoring irrelevant information, which
in turn rely on self-control (e.g., Gawrilow et al., 2011; Passolunghi & Siegel, 2001). Therefore, participants with
more self-control were better able to suppress unwanted thoughts and to ignore distracting information, which
is associated with faster computations and more rapid responses. This finding is in line with previous studies
suggesting an association between self-control ability and better performance in various tasks (e.g., Gawrilow
et al., 2011; Passolunghi & Siegel, 2001). Furthermore, it is consistent with previous studies suggesting that
people with self-control deficits, such as patients with frontal lobe dysfunctions, exhibit slower RTs with high
variability across wide range of tasks (e.g., Dimoska, Johnstone, Barry, & Clarke, 2003; Kofler et al., 2013;
Senderecka, Grabowska, Szewczyk, Gerc, & Chmylak, 2012).
However, unexpectedly, self-regulation did not show any relation to complex multiplication performance in the
present study. One possible reason could be the insufficiency of our measurement instrument (i.e., ADHD
symptoms self-report) that was used for assessing self-regulation in healthy adults in this study. Although a
strong association between ADHD symptoms and self-regulation deficits exists in individuals with ADHD
(Barkley, 1997; Nigg, 2006), this association might not be as valid in healthy adults with limited variance in selfregulation.

Operand-Related and Operand-Unrelated
Interestingly, in the present study, the operand-relatedness effect was found in complex multiplication, which
suggests an extension of this effect beyond the multiplication table. Although several studies in adults (e.g.
Campbell, 1997; Domahs, Delazer, & Nuerk, 2006) and children (e.g., Butterworth, Marchesini, & Girelli, 2003;
Koshmider & Ashcraft, 1991; Lemaire & Siegler, 1995) reported operand-relatedness effect in one-digit
multiplication problems, the current study is – to the best of our knowledge – the first study that reports this
effect in two-digit multiplication. In accordance with our hypothesis, because of step-by-step computations, we
found that the operand-relatedness effect exists even in complex multiplication, which mostly stems from
multiplying units.

Limitations of the Current Study
An important limitation of the current study is that participants were all university students and not
representative of the general population. An additional limitation was the lack of latent variable approach
regarding EFs as we did not assess different indicators for EF core components (i.e., inhibition, shifting,
updating WM; Miyake et al., 2000) that contributed differentially to performance in the complex EF tasks. Future
studies should have a similar componential approach and explore differential roles of EF components in all
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basic arithmetic operations in other populations and age groups as well. That might contribute to better
understanding of multiplication incompetence in people with arithmetic problems.
Furthermore, in the current study, we used a visuospatial N-Back task which included letters as stimuli in the
two-split grid frames. Participants were asked to remember the letters as well as their location to answer
correctly. Hence, performance in our N-Back task might also recruit verbal WM capacity to some extent. It could
not predict complex multiplication performance when other domain-general factors such as planning and selfcontrol were considered. However, verbal and visuospatial WM were not disentangled in our study, which is a
limitation, because some previous studies suggested a stronger involvement for verbal WM than visuospatial
WM in multiplication performance (e.g., Dehaene & Cohen, 1997; Lee & Kang, 2002). Moreover, other studies
indicated that both verbal and visuospatial domains of WM have an important role in multiplication performance
when the difficulty of the tasks are balanced within and between participants (e.g., Cavdaroglu & Knops, 2016).
Therefore, our suggestion for future studies is to control the difficulty of the tasks within and between
participants as well as to properly disentangle the predictive role of verbal WM and visuospatial WM with a
latent variable approach: both verbal and visuospatial WM tasks should be considered in one single study to
clarify their possible incremental (direct) contributions to complex multiplication performance in adults, in
addition to planning and the N-Back task. Our data suggest that visuospatial WM may not predict unique
variance in addition to planning; however, that does not preclude that other domains of WM may do so.
In addition, consistent with previous research indicating that people with self-regulation deficits such as people
with ADHD may have difficulties in visuospatial WM (e.g., Martinussen, Hayden, Hogg-Johnson, & Tannock,
2005; Rommelse et al., 2008; Westerberg, Hirvikoski, Forssberg, & Klingberg, 2004), our data showed an
association between less severe ADHD symptoms and better performance in the N-Back task in healthy adults.
However, it has been shown by the other studies that ADHD patients comorbid with dyslexia seem to have
deficits in verbal WM (e.g., Bental & Tirosh, 2007; Willcutt et al., 2001). Therefore, our suggestion for the future
studies is to include verbal WM as well as visuospatial WM in the same study in ADHD patients with and
without different comorbidities to elucidate their contributions to complex multiplication performance as well as
to test whether self-regulation deficits can affect multiplication performance through verbal WM or visuospatial
WM difficulties.
Another point is that since both complex multiplication and planning were the most complex tasks, a stronger
correlation between the two is not surprising. This assumption needs to be tested in future studies that
investigate the correlation between simple arithmetic and planning or consider additional complex tasks to
examine the uniqueness of the relationship between planning and complex multiplication. Finally, as outlined
above, there was a ceiling effect in our N-Back task (Appendix C). Participants made few mistakes in this task.
Nevertheless, the N-Back task was the strongest predictor of planning in the mediation model (Figure 2). With a
more difficult version of the task and more variance between participants, the influence on planning could be
even more pronounced, and a direct influence on multiplication might be revealed, in addition to the indirect
influence already shown here.

Summary and Conclusions
The findings of the present study show that planning is a better predictor for multiplication accuracy than other
domain-general factors (i.e., WM, self-control, and self-regulation). This might be traced back to procedural
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processes that are required for both planning and complex multiplication problem solving, and may also be due
to the multi-componential nature of planning which involves other domain-general factors such as WM. For both
dependent variables, the hallmark construct of domain-general factors, WM, no longer explained any unique
variance when other cognitive and behavioral domain-general factors were considered. However, due to the
strong association between WM and planning and the results of mediation analyses, we cannot conclude that
WM has no influence on multiplication performance, but rather that it influences complex multiplication
performance through planning performance. The mediation analyses seem to suggest that WM is part of the
planning component of EF, which may be most relevant for more complex arithmetic computations. We
conclude that more domain-general factors engaged in arithmetic processing need to be taken into account
when the total influence of one factor like WM is examined. However, as we argued in our limitation section, our
findings are restricted to well-educated adults, namely university students, and to complex multi-digit
multiplications as well as particular assessment tasks and the complexity of the version used. Whether these
results generalize to other age groups, less skilled individuals, and less complex problems and other ways to
assess WM and planning as well as other control measures remains an important question for follow-up
studies. Nevertheless, we argue that our results strongly suggest that not only WM, but other domain-general
factors need to be considered to better understand the foundations of arithmetic performance.
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Appendices
Appendix A: Sample Background Characteristic
Table A.1
Sample Background Characteristic
a

Entire Sample (N = 40)

M Age in years (SD)

20.95 (1.98)

Variables

Gender
Female

33

Handedness
Right

39

Field of study (%)
Psychology

40

Cognitive Science

37

Medicine

8

Media

2

Educational Science

8

Environment Science

5

Participation payment
Course credit

16

Money

24

Math score in University entrance exam
below 8

7

8 to 11

12

12 to 15

21

a

Information obtained from background online questionnaire.
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Appendix B: Complex Multiplication Stimuli
Table B.1
Complex Multiplication Stimuli
Incorrect Solutions
First operand

Second operand

Correct Solutions

a

Operand-related Errors

Operand-unrelated Errors

4

19

76

72

90

13

7

91

84

86

14

6

84

98

80

17

5

85

90

82

18

3

54

57

59
64

3

19

57

76

5

13

65

70

68

16

3

48

51

34

7

14

98

84

79

15

6

90

75

94

18

4

72

68

91

5

19

95

90

88

a

operand-related errors are matched by Mean, Mean distance difference from correct solutions and parity to operand-unrelated errors.

Appendix C: Ceiling/Floor Effect in Cognitive and Behavioral Measures
Table C.1
Ceiling/Floor Effect in Cognitive and Behavioral Measures
Variable

M (SD)

a

K-S

Skewness

Kurtosis

Multiplication Error (%)

0.18 (0.11)

.03

1.02

1.18

Multiplication RT (ms)

3100 (560)

.20

0.27

0.19

Self-Regulation

13.62 (5.57)

.13

0.82

1.15

Self-Control

41.42 (8.74)

.20

0.18

-0.36

N-Back Accuracy

0.87 (0.09)

.01

-1.79

3.98

Corsi Forward

5.50 (0.65)

.13

0.22

-0.68

Corsi Backward

6.05 (0.81)

.00

0.95

1.39

Planning Accuracy

0.73 (0.13)

.00

-0.80

0.02

Note. N = 40.
a
Kolmogorov-Smirnov p-values.
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Appendix D: Path Model Statistics for TOL Accuracy as Mediator of Aggregated and NonAggregated WM Measures and Multiplication Errors (%)
Table D.1
Path Model Statistics for TOL Accuracy as Mediator of Aggregated WM Measures and Multiplication Errors (%)
Dependent Variable: Multiplication Errors (%)
Variable

Path Identifier

B

Standardized B

SE

p

b

-.29

-.35

.13

.03

a
c
c´

.03
-.01
-.01

.50
-.33
-.15

.01
.01
.01

.00
.04
.36

a

TOL Accuracy
b

WM

Note. N = 40.
a
TOL = Tower of London. bAggregated WM measures.

Table D.2
Path Model Statistics for TOL Accuracy as Mediator of Non-Aggregated WM Measures and Multiplication Errors (%)
Dependent Variable: Multiplication Errors (%)
Variable

Path Identifier

B

Standardized B

SE

p

b

-.28

-.35

.14

.05

c
c´
c´´

-.27
.66
-.09

-.24
.48
-.08

.17
.19
.20

.12
.00
.66

d
d´
d´´

-.03
.04
-.02

-.18
.20
-.11

.03
.03
.03

.24
.14
.54

e
e´
e´´

-.00
.00
-.00

-.03
.01
-.02

.02
.02
.02

.87
.93
.90

a

TOL Accuracy
N-Back Accuracy

Corsi-Block Forward

Corsi-Block Backward

Note. N = 40.
a
TOL = Tower of London
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Appendix E: Path Model Statistics for Aggregated and Non-Aggregated WM Measures as
Mediator of TOL Accuracy and Multiplication Errors (%)

Figure E1. Path analysis model tested the mediator role of aggregated and non-aggregated WM measures in the
relationship between the independent variables (TOL Accuracy) and the dependent variable (multiplication errors). (i) Path c
tested the relationship between the independent variable and the dependent variable without controlling for aggregated and
non-aggregated WM measures. (ii) Path a tested the relationship between the aggregated WM measures as a mediator and
the independent variable and path c´ tested the relationship between the independent variable and the dependent variable
with controlling for aggregated WM measures. (iii) Paths d, e and f tested the relationships between the non-aggregated
WM measures as mediators and the independent variable and path c´´ tested the relationship between the independent
variable and the dependent variable with controlling for non-aggregated WM measures. Numbers represent the
standardized regression coefficients. Multiplication Error = dependent variable, TOL Accuracy= independent variable
(planning accuracy), N-Back = mediator, Corsi-Block Forward = mediator, Corsi-Block Backward = mediator.
*p < .05. **p < .01.
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Table E1
Path Model Statistics for Aggregated and Non-Aggregated WM Measures as Mediators of Planning and Multiplication Errors (%)
Dependent Variable: Multiplication Errors (%)
Variable

Path Identifier

B

Standardized B

SE

p

a
c
c´
c´´

8.51
-.35
-.29
-.28

.50
-.43
-.35
-.35

2.38
.12
.13
.14

.00
.00
.03
.05

b

-.01

-.15

.01

.36

a

TOL Accuracy

b

WM

N-Back Accuracy
d

.37

.53

.09

.00

d´

-.09

-.07

.20

.67

e
e´

1.76
-.02

.36
-.11

.72
.03

.01
.53

f
f´

1.50
.00

.25
-.02

.94
.02

.11
.90

Corsi-Block Forward

Corsi-Block Backward

Note. N = 40.
a
TOL = Tower of London. bAggregated WM measures.
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